B2 HE 2 M PRI FIR (B RBAR) Vol.27 No.2
2004 4E JOURNAL OF NANJING NORMAL UNIVERSITY( Natural Science) 2004

RT Gross [A] @) — &5 8%

hE#H
(THHEEGRER 210013, 705, B )

[WE] BT BARBR—t, BB T TR S = {022 ) s = ar -2 1o 0l

n

BECH n > 3,/(2),g() REBFEMERBUARE. R ES,,f) = E(S;,g),(i = 1,2),E(,f) =

(e, 0) B o(2,0) > +,8(m,g) > 0 f(2) = g(z) JXMERBEBT Gross (LB — 36

[KBIF]  Gross [AIRT, W%, H—1
[MESES]0174.52, [XEIRIZFWIA, [TEHS]1001-4616(2004)02-0010-06

0 5ISEEEGER
FEARSC T A0 R B 1R BB T b A SRR, £ (2) R AEHHOT 4R 8. LA W18 R 43 A 18 Y
frfEE S
T(r,f),m(r. ), NCrof),NCr,f),-,
HATH S(r,f) FrE— R0 T H MK 5
SCr,f) = oiT(r,At,r—>+ o,r €E
Hrb E RNERFW - H5 B S ENEHES, S
E(S,f) =ﬂysi2:f(z) - a = 0}
SR £(2) - a m TRALE(S, ) 8 m K (2) BB BN S RAEIE B, (w0, /).
7E 1968 4 Gross ™ IFBA TN T &8 .
4

EEA &S =1{11,8 =1-1,8 = %a,bi,ﬁqna,b?ﬁ&a,b#1,b¢%,b¢1+a_ 1 f(2)

M g(z) BIEEEEBEREH E(S,,f) = E(S,g),0i =1,2,3), 0 f(z) = g(z).

£ 1976 £F,Gross 3 T TR R : REFAMMERES S,(i = 1,2) 8% TR 6% B0 s g
f(2) 5 g(2), REWR E(S.,f) = E(S;,8),(i = 1,2),8F f(2) = g(2)?

{CHERD' fRpk T bR IR, iR T

FHEB #S =lcl,.Ss=tla+ba+b,,a+b},, HbPn>4,1" =1,c%a,(c-a) £
b, f(2) T g(2) RAFHBEREE E(S, ) = E(S,g),(i = 1,2),0 f(2) = g(2).

X [3] 35 E N S. Koot ERAR I TLE MBI A BB MIBFANE SR, EERXHIEL T, Gross 85
WERREEN HRMERNESGTE - MEAPHITTE MBI LB, Gross 8] 8 5 R /EREH
W 2 75 B S AR T B 1K T X (R

BECY TS = a2 -2 - 1= 0B A() M g(2) RIKE 0( /) > 1.60( ., g) > 3 I

A SO LA B Gross [MAR#E—HAE T, BB T FEBIB 4L

EE1 &S, = {0,”;1},52 ={z:" -2 -1 =0, n AIERKEn = 3,1(2) Ml g(2) BIEE

WORS B #: 2003-11-20.
EEWH: WHEHET ARFEE SV E (03KIB110058) .

TEERIA: U, 1957 - % LM BB B R B, MR KL e S BB S £ R 4, TEMNFRBGE R B SR,
E ~ mail : qiuhuiling] 304 @ sina. com

—_— 1 J—



B KT Gross B — 4R

PR B AR B . qR E(S;,f)

H

E(S.8).(i = 1,2),E(w.f) = E(»,0) Ho(=,/) >,
8(,0) > 2.0 f(2) = g(2).

EE2 &S =10,1,-11,8, = {z:%z" - nl_zz“ -1= 0},nﬁf¥ﬁﬁn>3,f(2)$ﬂg(2)
RALEP A ERBOTARE R E(S,0) = E(5,0),(i = 1,2),E(w,f) = E(w,g),0

(1) 4 n AEHE,E f(2) = g(2).
(2) 3 n HEBEEET,H f(2) = g(2) B f(2) = - g(2).

1 —H5E

AR EEIEA S B ERR AT RS,
511 3 f(2) RERBEAER, o, WERG = 0,1,2,,n0), 0
T(ryaf + a i f ™+ + aif + ap) = nT(r,f) + S(r,f)

332 1% f(2) M g(2) R IEH BB, A48 1 CML AR (w0, f) = 8(w,g) = 1 H
8(0,) +8(0,2) > 1 W f(2) = g(2) B f2)g(z) = 1.

ER, 518 2 5TEAMNSGLRENN.

512 () M og(z) REANEFRBOTARE, H5HHE 1 CM. IR 5(0,/) = 5(0,¢) = 1 H 6(w,
) +0(o,g) > 1M f(z) = g(z) B f(2)g(z) = 1.

SIE3 R NEBYHR >3,p,(2) HELH=AKRFERM n KEHR, S = {2:p,(2) = 0},£(2)
M g(z) BRAERMAIEE B RE. R ECS,f) = E(S,g), M T(r,f) = 0(T(r,g)),T(r,g) =
o(T(r,f)).

HERA B9 Nevanlinna 85 — R A FEH,

2T(r,f) < N(r’m%f))*- N(r,f) + S(r,f) = N(ry
< nT(r,g) + T(r,f) + S(r,f)

1
p.(g)

)+ NCrp) + SCrp)

AT

T(r,f) < nT(r,g) + S(r,f)
)38

T(r,g) < nT(r,f) + S(r,g)
FriA

T(r.f) = 0(T(r,g)),T(r,g) = O(T(r,f)).
2 P19
HEIE3, T(r,f) = 0(T(r,g))

é\

_(fn_fn—l_l)l_ign_gn—l_l)/
¢<Z)— f,._f..-l_l gn_gn-l__l
ﬁ%l ¢(Z)$0,EE?E(S”f)=E(Si,g),(i=1,2),E1(°°,f)=El(“,g),mu

1
N( r,%) +N[”f_ Eﬁl]s N(r,%—)s T(r,8)+ 0(1) < N(r,8) + S(r,/) < No(r,f) + No(r,g)
+ S(r.f) S A g
1
T(r,f) < N(r,%)+ N(r’f— _’L_-‘l}" N(r,f) + 8(r,f) < N(r,f) + %N(r,g) + S(r, f)



MEMAER (B RBER) 55 27 4855 2 (2004 £F)

FHE:T(r,g) < N(r )+ N(r,g) + S(r,g)  IF 8(o,/) > 5 5:0(®,8) > 5 bkﬁ'ﬁé’l 4

KB :T(r,f) + T(r,g) < (Z + 5)(T(r,f) +T(r,g)) + S(r,f) + S(r,g)

He e REMDNIEL, FE .
%2 _om. == (- o)
BH2 ¢(z) =0,0: e g o1 =0
Al )" - f) -1 = c(g(z) - g(z)"" -1
Hp e B—AETHE . TiE:c = 1

87 2.1 %ﬁ&hdpﬁﬂa)zmﬂh>=";‘

Fa(a) = 0Rg(z) = "0 MAHB = 1

Fglz) = nT—l Hegl(z) = 0,88A f(2)" - f(2)"" -1 = c(g(2)" - g(z)" - 1)

- =(( ) ( =)

5

kst (2 o) (2o ) 0&( 1)-GEJY”=L%@.

n

BR2.2 & f(z) 20K f(z

AW f(2)
#glz) = 0,mﬂ71§c = 1.

% e(z) = L Hg(a) % 0,0

ﬁf(zl) =0

& FG) == (-2 60 = e

W F(z) #0,6(z) «0,8(0,F) +8(®,6) = 8(o,f) +8(w,g) > 1H F,c441CM,
M52 ,F(z) = 6(z) B F(2)6(z) = 1

B A =2t g 3 () (- 2 Y)g =

A f2)" = fl2)" =1 = e(glz)" - g(2)"" = 1)

A48 f(2), g(z) BBANEE,FE.

##2.3 #f(z) 202> Ly g(z) % 0,2==
HF A" -f)"' - 1= C(g(Z) - gl - 1),}?}?u E(o,f) = E(%,g).
& F(z):—L—I, G(z):-g“—

f_n— g_n—l
MW F(z) 0,0, G(z) 20, B F,6441CM,
M3 2, F(z) = 6(2) 8 F(2)6(z) = 1.

B £(2) = g(2) B fz)g(z) -
fe=e (7 - 2= () - 221) 1

s () g(2)
*
() - 2=4) (a(o) - 2=

1

) = 1L#d f(2)" - f(2)"" - 1= c(g(2)" - g(2)"" = 1), 718 f(2),




EF: X F Gross [AEH— 4R

g(z) BAER,FE.
TR e = LA f(2)" - f(2)"' = g(2)" - g(2)"".
M E(0,f) = E0,g),E(®,f) = E(,g)

% 1(2) % 2(2). % h(z) = %,mu h(z) 20,00, H h(z) % 1.

h(z)nv] _
h(z)" -1~

W’ e,6, e, BFELL 2 - LM ARER n?}\ifi*ﬁﬂe‘ #1,(i=12,,n-1D)Hnz3,0
(n - DT(r,h) < ZN(
< N(r, g)+S(r,h)

g(z) =

)+ S(r,h)

s%T(f,g)+S(r,g)+S(r,h) (1)

B T("g)s(n—Z)T(r,g)+(n—1)T(r»g)s%T(r,g)+ 1)T(r g)+S(r,g)+S(r,h).

2(n
WBT(r,g) < SCr,h) KA A T(r,h) = o(T(r, b)), AT h(z) AEE . g(2) = hh((zz)T_—TﬁI
WG o (2) HEELFE LU f(2) = g(z) iFE

3 ER 2 AEW

M5 3, T(r,f) = 0(T(r,g))
A $(z) = 1 ! f Of - (g _lgn-a)g/
W - 2f" € -8 -

%¢(Z)$Oﬁﬂ (S”f):E(Si,g),(i:l,Z),El(w,f)=E1(°°,g)’)r\uj
_ 1 - 1 = 1 ~
2T(r,f)sN(r,7)+N(r,]—‘_“l)+N(r,m)+N(hf)+5("vf)

< N{rg) + NGap) 4 S(f) < No(rf) + Na(rag) + Nf) + S(f) + 5(r,0)

< N(rf) + 5 N(r,g) + S(r.f)
BB
27(r.g) < N(r.g) + g N(rf) + S(r,g) = N(rog) + SN(r.f) + S(r.f)
T2
2{T(r,f) + T(r, @)l < 2iN( )+ Nir,g)t + S(r,f)

FIEFIL $(2) = 0,80 Lf(2)" - Lo 12 o(Lgter - L gt 1)
FiE:e = 1
WE1 E/=0cg=08f=lcg=18f=-log=-1, HE:c=1.
W2 EHHEE 2,5, f(z) = 0,/(z) =1,
#g(z) =1,8(z) =0

Amag - comt oL org.

L -1l=-c¢
n

Felz) =-1,g(z) =0



FEIMR R (B ABLEERR) 5527 %% 2 J1 (2004 )

(-1 (1
EU[‘IZC(TI‘ )

el 1 _oml. 1 _oxgm.
n n n-2

n n-2

%g(zl) =1,8(z) =-1

Eu{ _1=c(%‘n1-2"1)
11 ((_1

;_n—Z_lzc

s 1 1 1 1
R e A

’Iiﬁés %ﬁ& zl"’zvﬁf(ﬁ) =0,f(z2) =—1,
Felz) =-1,8(z) =0

—]_c((—__m—(_l)n-Z_])
I al_ 1
[ (_1)"—(_1)n-2 a})kﬁﬁﬂ1§n—n_2_(_1) +1, F&.

n n_2 -1==c

%g(ﬁ) =~ 1,g(zz) =1

(-1)"_(-1)"-2_1_C(l_ 1 _1)
n n-2 - n 1 1 ) |
EI] -1 ‘_1,,_2 yﬂ1%;—n_2:0ﬁ;_n—2=_3%j§'
-1= ((__)_( ) _1)
= n n-2

ﬁﬁ?4 %ﬁ& Z1vzz;ﬁf(z|) = 1af(zz) =—1,E.g(zx> = - I’g(zz) =1

R
Lo G022t

WATHERR N o fBECBD ¢ = 1.
WS & f(2),g(2) FHO, L, - | FEAEERME, RHIR £(2) = 0,1,g(2) %1, — 1,1
E(-1,f) = E(0,g)
& F =f—%_f~1,c - }—fg M EQLF) = E(1,6) B F(z) % 0,0, 6(z) %0, ®.
H5IH 2,8 F(2)6(z) = 1 8 F(z) = 6(2),B

o _lrggy 2 leg
f-171-¢g7 f-11-¢g~

i ":L“f(z)n _ n_l__zf(z)n—z 1= c( ;g(z)n _ %_23’(2)"_2 _ 1)
A £, g BHHB T

BBk e = LB Lpoy - 1

n —

f(2)"F = g(2) = g (o)™

RSN ORI S glfn%z“‘“ D).

W 0 5.8 0 HEBERC) 2 16 A ¢ = 5 B2 =L o) B0 6 P amn, 7
T BFRA () = LB f(2) = g(2). 2% n BBBELK(:) %2 1881 h(2) B 2n - 6 A 5ER I, T
Hnz60,F2n-626FF U AG) = 1K AG) =- 1,0 £(2) = g(2), K f(z) =- g(z).

Mk n =4, WA %f(z)“ - %f(z)2 = %g(z)4 —%g(z)z.%fe(z) = gz(z),ﬂﬂﬁﬁ(z) % g (2) =
— 14 —




M KT Gross I — PR

2B E(S,,f) = S(S,,g), A f(z) £0,0,8(z) %0,%.8% f(z) = e, g(z) = 7, K a(2),8(2)
9 K% B, AT @ 4+ 9 = 2. 434 Borel I, a(2), B(2) HREE, T £(2), g(2) BAHE.

FIE A f£(2) = &2(2), B0 f(2) = g(2), 8 f(2) =- g(2).

Ef(2) = g(2), 8 £(2) + f(2)g(z) + g(2) = 3. E(S,,f) = S(S,,8), AIH f(z) 0,2 ,g(z) =
0,0 A f=1leg =1,f = - lesg = — 1. B Nevanlinna WEEH, f(2) = L(g(2)), L -1

MR n = 300 1) - () = 56(2) - g().

YA TR £ (2) + f(2)g(2) + g°(2) = 3,715 f(2), g(2) BAEE,TE UL f(2) = g(2).

(&% 3k ]

Hayman W K. Meromorphic functions| M]. Oxford: Clarendon Press, 1964.
Gross F. On the distribution of values of meromorphic functions[J]. Trans Amer Math Soc,1968,131:199—214.

Gross F. Factorization of meromorphic functions and some open problems[ C]. Proc Conf Univ Kentut;ky Lexington Ky, 1976, Lecture

Notes in Math, Spring, Berlin, 1977,599:51—69.
THIFE BRI . KT Gross AR —MEIC[J]. BEFFFI(A),1997,18(5) : 263—268.
Yang C C. On deficiencies of differential polynomials[J]. Math Z, 1972,125:107—112.

Yi H X. Uniqueness Theorems for Meromorphic functions Whose N-th Derivatives Share the Same 1-Points[J]. Complex Variables,

1997,34:421—436.
ERHR BER. TAREMNASSS4EIM]. dEaJur R d R4, 1988.

Yi H X. Uniqueness of meromorphic functions and a question of Grosss[J]. Science in China (series A), 1994,24(5) :457—466.
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Abstract: The uniqueness of meromorphic functions was studied and the following theorem was proved: let §, = {0’%! } s

8,=lz:2=2""=1=0}, n=3 be positive integer and f(z) and g(z) be two nonconstant meromorphic functions. If
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Key words: Gorss problem, meromorphic function, uniqueness

(B4R BhAHT)



